
Monopolistic competition with heterogeneous firms and trade  
(Melitz-Chaney) 
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Firms: 
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where ( ) 0x z >  is the firm’s productivity level.   
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Firm z  solves  
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taking Pas given.   
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There is a measure μ  of potential firms.  Firm productivities are 
distributed on the interval 1x ≥  according to the Pareto distribution  

 

( ) 1F x x γ−= − . 



Definition of equilibrium:  An equilibrium is 
price functions 0p̂ , ( )p̂ z , 
a wage rates ŵ,  
profits π̂ , 
consumption functions 0ĉ , ( )ĉ z ,  
production plans 0ŷ , 0

ˆ , ( )ŷ z , ˆ ( )z , 
and a set of firms that produce positive amounts ˆ [0, ]Z μ⊂  
such that 
 
• Given 0p̂ , ( )p̂ z , ŵ, π̂ , the consumer chooses 0ĉ , ( )ĉ z  to solve  
 

0 ˆ
max  (1 ) log log ( )

Z
c c z dzραα

ρ
− + ∫  

0 0 ˆ
s.t. ( ) ( )ˆ ˆ ˆ ˆ

Z
p c p z c z dz w π+ = +∫  

( ) 0c z ≥ . 



• 0 0ˆ ˆp w− ≤ , 00 if 0ŷ= > . 
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Alternatively, we could index firms by x, letting X̂  be the set of 
productivities for which firms produce positive amounts and writing the 
consumer’s problem as 
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Suppose that, in equilibrium, not all firms produce.  

 

Then there is 1x >  such that no firm with ( )x z x<  produces and all firms 
with ( )x z x≥  produce. 
 
Set 1ŵ = .   
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Notice that we require (1 )α ρ ρ− >  for P  to be finite.  The demand for 
goods produced by a firm with productivity x is 
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We calculate the cutoff productivity x : 
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Notice that this expression depends on profits π , which we can calculate 
as  
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Suppose now that there are two symmetric countries that engage in free 
trade.   
 
Each country i , 1,2i = , has a population of  and a measure of potential 
firms of μ .   
 
Firms’ productivities are again distributed according to the Pareto 
distribution, ( ) 1F x x γ−= − .   
 
A firm in country i  faces a fixed cost of exporting to country j , j i≠ , of 

ef  where e df f f> =  and an iceberg transportation cost of 1 0τ − ≥ .   
 
 
 
 
 



Definition of equilibrium:  An equilibrium is 
price functions 0p̂ , ( )ˆ i
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and similarly for the consumer in country 2. 
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Suppose again that, in equilibrium, not all firms produce.   

 

To simplify, we impose symmetry: 
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The demand in country 1 for goods produced by a firm in country 1 with 
productivity dx x≥  is 
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We calculate an expression for the cutoff productivity dx :  
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Similarly, we calculate an expression for the cutoff productivity ex : 
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The expression for π  is 
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This provides us with a system of 3 equations is 3 unknowns to be solved 
for  dx , ex , and π : 
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The equation for π  can be rewritten as  
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The equation for dx  can be rewritten as 
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Plugging this expression into the expression for π , we obtain 
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which implies that 
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